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8€ Mos) repr. by ✗c- P . with -2 cd*sEo3 ⇒

Gag =Egc-G : g3=5 } = : parabolic ofg g. ④ of,Subgp , acxlzo
C) G. 3 = K. B T 5€ MG) Rd → ordering on parabolas ,(2) (G§Y acts trans

.
on M

.

Useful to study various boundaries.

Tg : Gg → G@oroUaylI.3A_letx.TED miR
g i→ him exp gexptx)E-→a CCH = @Gl . let B= exp (xx) ,

⇒ G§ÉkgAgNg , M= exp (✗ Y) ⇒ Gag = Gq
AkyislhisTg By defn ,

since
Ng = Ker Tg

Cle) = Ect) ⇒ the roots ±e on
Ag = exp (2-G) np) , exacter

2- CN-1T€ of :[✗if]=o3
X areathe roots ±o on -1 .

The assertion keen follows from ④
.Kg = kn{geG : Ad (g) 11=113
-

16 ✗ regular ⇒ 2-a) n p Max
.

Want to define 5€ MEN
"

regular
"

Als⇒ is the Iwasawa aka rp , ✗Crs) =3 .
✗ regular ⇒ rp , ✗ B

Of Gg .
Ipod - ray

cont
.
in ao ! Max. flat - lit gem

tf Occ is a fixed Max . Ab . and Yep Sir
. rqy G) =3

⇒ Ige a-§ at . 97.x = Tony . lemmaol-I.380p.EE/--@qEs )
that is q= g.p , dpg ✗ =Y V-f.ge M .

⇒ rqiy is also contained in a !
Cases again she G-g)

•

AM trans.)
Max

, flat .

Deth § c-MEN is regular if
HI tf BENCH is regular

a Chena any ) geodesic ⇒ @(B) : = @
p
(5)

aepr . 8 is contained into a V-p.EU ,

Max
. flat .

Rk 5 regular ⇒ ✗ regular
Rk_C)We'll define @(3) for

help .

and the set of ref . pet
§ notareglar using G-§ .

in MG) is a dense open (2) If I
, m are regular and

subset in Mto) that is @(b)n @(y) -1-01--6
a- -invariant.

⇒ cos)=@lN .

let Be MGs ) , PEM ,
✗c- D

Thue39_ If B.me MG)leper . B.

@pts) : -_ { exp @y) .p : y€q×B ⇒
7 a maximal featis.t
.
&

, Y c- FLA) .



Rtf Important because we (4) Ng(Gig) = Gag .

second axiom of building .

ltbythisishue
Next Relation between the c) (1--7) done

knell
. of MG) by Wege Ch . ⇐1) Thin .

39 3-T-s.tn

and the family of E.ME Fca ) . F-exp@l.p1aeabolicslsgp.s
. since ⇐§P=G↳T we may

pngosih-oulI.cl# assume that f=o m> we
let ten and let B.yenta) translate the picture in P .

represented resp . by Xiyets . we use then that
Then : of, = of -10 -2€ %d) @(✗)=@cYK⇒§§Y=⇐yj acne

to conclude .

⑨ ⇐§T=@qT⇐> Gg - Gg Deff A laeabotcsubugp
(3) ☒ 2@G) ⇐> Gag is minimal if whenever

Elsie ⇐qj←¥£§⇐, ⇐Ñ2GÑ⇒GsT=a-qT

Propositioned A point Deff tf BEM (a) ⇒

Be Mto) is regular iff @(B) : -_ {YEMEN :@§J=LGnT }

Ecg is minimal .
.

• .es#
minimal Rk_ } regular ⇒ Cteglch .

larabohe .

§ not regular ⇒ Wege face .⇒
÷÷ñ:

we can consider the visual

boundary of a Wege chamber
or Hege face @G)
CCX)Ca1= / exp @4) : Teeth}{(¥-13 mn.la . CoroUaeyI
d) If CCXKELT ) ⇒

{(¥} non- mrinal ⇒ catch -- cohost

lol . that (2) The tessellation of MIX )

correspond by {Cos) : Bembo )3LGT.IT/toipeas "

coincides with the



tessellation @CME) : ✗c- Ps3 regular as well ) .

by they chambers and By Thur II. -12=7 3- KEG}

Weyl faces . s.tn
. hgBetta) .

⇒

FWC-ws.t.hu#.42-ktT-max.featw@Chg&)-.-@(B)

and 8 c- Fca) be a
TT

Prop . to
@Gong 's) →regular point . If MENG )

is
any pot , the Gas - orbit ⇒ Gwhgg = Gg

Gg .q intersects too ) in u

exactly one ft . Goh g)
"

Gg @hg ) ⇒

B⇒oonefosiñon_ ⇒ why normalizes a-§
let 5 c- Fool be a regular Prop . II. 4004 ⇒ Wh g.c- Gagpt and if g.c-G let

⇒ whg=h
'

c- Gag ⇒9 : = g} . Cheney is ⇒ g=h"uÉh
'

⇒ a-=¥wGswGg
abide 13 the Bruhat and such that

decomposition of G. c) Each apartment is a

tlowtogetB- Coxeter complex
(2) For any two simplicesFCA) has the structure of 7 an apartment thatCoxeter complex . : decomposed contains them

into simplicial cones (i.e.
beef chambers & Wege peas )

& > tf A.A' c- A with a

common chamber ⇒ 7
my deconlfose Ttx) - isom

.
A →At that

Another way to see
this ☐ fixes the simplex in

to consider the N of ANA!
these simplicial cones with RE c) A is not feet of data
the unit splice ink . ⇐ In general the room .

he

Deff A spherical building iB (3) does not come from

is a ssueplicial complex B on autons . of B.

together with a fatty A In our context a chamber is

of sub complexes ,
called a simplex of max. dim :

afaitmeuts whose union is B if the Coxeter apex . comes



from a oynu . mace of rank
r ⇒ chambers are r-nugd.ch.

To
ally @(B) we associate

vertices of B are the pts 8 @Cst ) :=fyeV : me@Ñ§
at • of the Wege peas ⇒ B : =L@⑨Cst ) : berth}
of Nauk 1 . is the proposed building
Ex = A Max

.

Ab : ✗c-of a-He abutments .

A-
±
: -18100s)) : Betta} .* exp (Ex)= MF = :Ep§ where * is a Max- flat .PEF

E- Ttx)

•k @↳ f- dim Epd)
⇒ Be U Af

ICM
Max

.
flat .

v= tis c-MG) : vk.EE '

@G) =L} }
}
the axiom follow pom
Thai II. 39 .

To see that B reifies

axiom (3) use the ucipueuen

in the Bruhat denom
. let F

,
# be max . flats

cthur II.42) .

F Max. flat ,

G-tend regular 8.t Ffx) a#to ) > @(E)
p : MG) → Fool ⇒Fgc-Gs_h.gFkTNi-Gag.rynFfdandpneserves@E.l⇒

⇒ 91# G) :
F' Got → Ffa )flfcy) = idea, and

13 am Born
.
that

p maps chambers to
fixes @(Elia simplex in

chambers g@G) = @(g7L Fca) n F' (a) .

Ffa) Application
observe that G- is

/

"⇒"" "
transitive on let ¥ , ¥7

'

be two

µF ,
@GB ) ) : F Max flat} compact irreducible locally

cos) CF signee . Maces of
non -apt type -

Assume M
,
M
'
f- Al?

16 AM a ¥4
'
are homotopic

equivalent Cee r ' ) ⇒



⇒ pH & pym
'

are
"

isometric".
( up

to oenormalit . ) let F
,
't ' be Max . flats

⇒ Nk 22 s.tFCx1nT-lx1s@CE1_yFgc-Gs.h. gF'=F¥ , FY
'

homotpic ⇒
and preserves @(E) ⇒

⇒ Q : FM → ⇒ hone
. ⇒ gl# g) : -1-161

→ FG )

equivalence my quasi- isom .

13 am Bom
.
that

fixes @(Elia ssueplex in

An # →¥
'

FCA) n F' (a) .

Application

Using B ,

B
'
⇒ the qi . Éyythuu

"

extends to an room
.

let ¥ , ¥7
'

be two

B → B
' compact irreducible locally

shy met . Maces of
non -apt type

we the locally syne . Maces Assume Mimi -1-14?

are isometric . 16 pm a §M
'
are homotopic

equivalent Cee r ' ) ⇒


