
I. Kortchemski Condensation Phenomena in Random Trees – Spring 2024 – ETHZ

Exercise 9 for May 23th

Exercise. Let µ be a subcritical offspring distribution (that is
∑∞

k=0 kµ(k) < 1) such that Gµ(x) =
∑∞

k=0 µ(k)x
k has an

infinite radius of convergence. Show that there exists b > 0 such that µ̂ defined by

µ̂(k) =
bkµ(k)

Gµ(b)

is critical (that is
∑∞

k=0 kµ(k) = 1).
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