CHAPTER F

CONVERGENCE IN OISTRIAVOTION |

(’ioaosz . chah‘on Y (m dn'o"u‘\o ut\-'m /WU-L o . OQ M Casneg, .

R -\eoa\'[ovs /%thmcco w(tﬁ\ otQh Lorfa OQ cv.

» P"°°Q oQ CLT-

Sg\:ue: (E/d\> mc}f\ic o pace
%[, = i P‘. E R Cm\'t'h‘u-»ov.&o \N’UMJLAS

(.n, p ;‘/ P) P;’wc& po oo eace .

| _QEC(MT(()M

D Feb X a2, X aws wlh vle o E e
ooy ok (X)) ov om dobbdum bwands X

Yleb e(tn) — ef).

Rk X, _(_‘Qﬁx e $0ef SQO\T’KA —->>v€o(y

(b
Pl

(w)

>}))<.

) Y X




(N
)(’\,(_{L X whene XNG“(Z/'
N-de
EXZ xn:-:—\ a.S .
d
xn_(_l X wQ&\Q Xz 0D a8

E_x}iz Hp '\JU(LO/%)>

XL e X0 a5,

Ex 4: ‘)(\n ~J M(LO/ “j/' ()\0(.5 rnc,l* Cmvwrae o (Llfo“u.‘b(&"m.

E;c 5 /'ﬂ =z N d\Gﬁo ’T\OL Cmn"&'\(‘oe ‘m d&o“u\ou\{w

Re: lek X a3, % aves im o€

/

€V
Ko = Xz ¥ Fee dosed by €6 F) < Plrc)

&Y "L O CE open Qirmae P(XaQO)ZP(XG'U)

c=> ¥ A ot P(x€dA):0 i P(xneﬂ) = P(xch).

7/ P(X.cp)~ P(Kéﬂ)

;Q X 9ies  Nowmass. ak B A



2 CHQRH(TEQ(ZF}TtON N R

E=R (dey =lx- )

L

“_['_Qf_,,_ Lek Xa, n3, X neald aws . TRe QD&OMMG
one CO(U\.('\)&QP/\“.
© X, x.

@ Fy

({') . Cx(") Pm &U&“ﬁ t e *M"‘{) Poim)’ d“:%

nNo &

Rcmmo\m; IQ X 430\9 av. , we dceme, (LS Co\e
(Cmuoak-\,e ALO\"\J.\Q(J—‘M PC_\—> \)(6
FHER F (1) = P(xet),

* F)( 0 contimuouns ak b \D(X =(’)-‘O .

. TR‘Q‘ mu‘"““"“ O'Q dADCVY\l'tMLLoa PO(MLS OQ FK o (;j‘ﬂ'ﬁo&\ CMM‘LLQC.
H""h"‘d‘“o ow'm\:l » dense o R )

P’IOOQ oQ TQ«\
(V=) Lk EER be o cork iy qotmb o

£, ) = e xae(-qo/*])

>P(7< E(-’““)"3> :'FX(\')'
T

p&\*mwnltm TRen “)PCMSC F( X :(r\ O ,';'



(W) = ® \«f(fe N(Qo pabve [‘eiu[-

'O CE open Qéw‘mf f(xn€0)2(’(xe0>.

ND oo

S_‘_r_c_(z_\: O:(a,L) n <b a € {-=} UR

be R v lew},
(O'-‘-'- ppen Cm[&t\lOQ\/

Ler ap ba ond by, 16 ot

)V[)( wl by CM"('MQJL"IO QOM‘ZSDQ ¥

x .

_
o k2, ad ; we Bave

JERICOIPIICNICNN)

- Fxn(kh)-\f:(ﬂ(‘ax)\/
Hemce f{m k!

meem(\) Plx, eeb) 2 P (% € (ak, L»]) )

N~ 3o

T.alum%) {@:(. QL'FV\LL as L_,)qo s we Q)(’L
bmin] P(X €(00) 2 PxE(aD)

SL(PZ: O @e"*\cnao o preNn se,\'. TRU\C %m&
(I¢’>J€j open J«Voa‘o«'m)’ L‘mlt*\,f\)o.oo o

QZK) I. a«v\djo}mo&l“



\'Vln2|. P(Xne(j):z P(X,\EIJ>‘

VET

Hw(,e y \9‘6 Fa&w’_g Oc.'mrma/

bimim@ ¢ (X, €0) 2 7 Cmimf #[x.c1,)

YET
Sl’e,l =
7 L flxex))
d'ej
= P(xeo), .
Apelic i X Ul{o, <, . = b ‘
oot Ky WO 2] (e L
X aS) U([O,IJ/
d
Y, s
¥ telo))
¢
Fﬁ,\ U-) = Ml —_)
n+\ n-oece
1
&5
— % o ;-—av—'-{w-sg__QT_
0 f\& N
e

Lo b+ | pm‘mls



AK (’G.'cat’cm :

Leb A >0

. xﬁwgcm(n,i/ n > N,
Fn kEN etocﬂ{

-\
P (K= k )z (“)lk A
( 1= (n> (‘"T/
le
B b9 f\,...,‘n—‘rf' . \
——l(—l/ % e "K":‘—
—— — SS—_
wey | __>C—
b
——D >‘_ C—>
k!
Ko L0 X e X v P (V)
ey
n 2> 1|

Ko Bm(n,3) =t

N el Ll secceos ?ﬂa\xlo{'ex.'ta —

N



3 RESTRICTING THE (LRSS 0F TEST FUNCTIONS

Eort e R S conbinnons, compedd s

v @ . R \
Xe DX o Y ekl E({(x)) —E(00).
I
"—(cwc) - - -

A(’OQCAL'M Assume Xy £ 2 as. X €2 a.5.

A
Xn—(—gx = ¥k ez P P(x-L )

<

g ez b ,.L A

ko ko by

Px=k)= E(O0N)) = & E( QLKXA}\/J—,

nooe

N
:QA}"“" P(Xn:\'/.

N— o=

a kb per . Bl b M- o¥ e

E(Q(V” & j ) P(x;l(>

a
A

b 2 L0) Plx.-))

n-—) 90 }:‘a

= b E(Q() ).

n=>




4

FOURIER CHROALTER(RAT lON

E= \I\A : A i?:& P._Lrl‘\an chcm‘k% AAW , oo pack u.w.\\r}_
_mm (LCV%)
4

Lﬂ\r >/.n/ Ayl X av.s m I, TQG %()QQMM&

Ane QC’\M-‘\)OtOML i

© ¥, &y x

' p\ .

() *!-f G\R ‘Pxn “'/\ ) \Px<">a

ol =1 bl FER'
(’,Jx = coo(L,x> 4(/51‘/\'\(}’3()

co“l';muous M x \:ﬁowho(

hence E(eXF%) _, E(eFX) .

N o) e

] 0 el (ompuhata (el )

—

\ ( N
JYUCSIE (E{}')] RSB,

2 T ¢, ) IF
. :J;(vaﬂ(w )

(dmmatca\ C\/J\.: \ = E (P (X\)> a
1Rzl bl



5 CENTRAL LIM(IT THEOREN

TRem . L\ Koy gy mo ced E(Xz) < o0

- = E (X,) = Von (%), Waihng
S, - Koven X , e + -

S, =nem (‘*)

2 _ '7/‘ +--"f\1'\ _
n - — =
;\(n] Nf‘\'

We Bave Y, cL® €(y)-0 EW )=

?
Hence "D:‘?y Lo {9 o A

\ (A_l

)ULLLE,IR \{: (u‘) = s -E—- +Q (\u?‘>
Fe £ER . By indegondence f th (1),
| ‘ s L W e ) /
9z, (= Bl " /
£ "
tl
> e 2 = ﬁfz (\‘-)
T v
Le(E)= 1o Heeld))



b LINPENQERG PRoof ofF CLT.

E-IR .
Lemma. Qoe\' QE—E):,O. F o -é,hétﬂ,@e\'

alah)= flash) - 0(y) = 07 (o) b - €7(y) ‘_;_
TRene exciks a comobardt C 0.t

Yoy her [g0s0)| < c (htn W)
1

AT

Pood. Leb y,h €. By Tayln cdenkly , tee

eoccots a/\oé{g,‘a*lﬂj ([\af\‘\,\a} (e h <O> .o.L-

5 {lash)= g e Qg b o R)-
Omd
@tw)-- £ls) + () h «£(y) _:_‘ . Q"'(b)»f ,

TQ(; Qmsl Co\cn\lhd yuoeg

l%('ka'\’)] = I Q”(“)- ba'f - fh(a) 'E'l

[

é “Q”an * L\Z
Tﬁc secomd L'&cmk&s «a;uc.s

Lo Cah)| = [€7(022) < el W

TQ,jg Cmc_QuAgs {'Qsc ‘moog w\l’Q\ C. = max Kugfr”u, “ P;"‘co>.




Lel X be aa.v. wilh Ex)-0 E&Y)=1 .
X%l Ko 5 Kog y Ky gsms be (A coples oQX

Own %oaQ o k- aawe_, am erhmaL'Jc (’“°°Q ()Q

Xw-'-fl(: (4) 2 mec > ~39(°,l>.
N
L\ Q € e~ . Let s Ylomd Z,,.., 2, ccd ()‘“(o,l), cmdef.(,{(xi)m.

C

Ke% ,7’10(1&\{'%0({ r\\\(O/l)‘.

Fix Cé,{\,-,-, "\5 . -ge" q Qs M ’(Q( Q—E(Mrrna, we have .

L +%) -Q(y”%) = Qi o ) +0(%) (’if 2;‘)

ORRD,

+o(Y, %) -a(v:,2:)



.
:S’C'ncc, X, ; 2 one Mepﬁmdcr\t’ U‘Na FOuping >/ g EQ)

am A G(K;z):E(&l) p %a\ccm% Re. eoc_pac}Jum abore gives
IE(Q(VH%)—QUH&%N \E(%“/—: 3(7’—>))
« llole{1ie 51

< CE( ’if/\lﬁi), c e(‘.f;;‘;y

/
n n31

¢ € 2 IxP® 3C
X R EQ“‘ £ it o

Ance 2:~ N“’/‘)

3
E(Q \3> < E(g‘(r:(r

T
Jemsen .

37
= £,

ConQuocm: Fin every n 2|

etz -elgal] < CE(AED). 22 o

=3

A=

(dminafitk c\l.> -

B_\Li 12 E(lx\5)<¢° ) we tac.)' a —’(l—_‘- 008&1 oe Vo Re CcT.

2




